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Non
- symmetric Categorified operace (weak)

m) spentagons and 2 helagons
Doten and Petric





















Outgoing link of a vatex

For each vater
,
choos 220 small enough so that

In all outgoing edge L=+ y franc,
so and y are reparated by the hypeplane

sy1(E, E) = <E] + 2]

The outgoing tink f e
in the intersection of

the compe with that hyperplane .

Adapting from Ziegler (vente figure, we have
The outgoing link is a polytechal complex Cha
There is apoufface preserving) liyective

correspondence between the k-dimensional face

of Cl and the +f-dimensional faces
of C that containe and

have a non-empty
intersection with the outgoing link
(for all b) .



Coherence based on orientation

Therema (C-Laplante-Anfesi 2022)
THESE conditions
HOLD of C is a

let <b a polytechal complex . If ↓ POLYTOPE

There is a uniqueglobal sinh (NORMAL FORM)-
(i .e
,
a vertes without any outgoing edge) , and

↑

the 1-sheleton of the outgoing fint of
every vate

is connected &

then evey
two parallel combinatorial

paths are contnatorially homotoic.
Roof plan Al Assure paths oriented +go

to thesink.

1 eve 4 ex 3) Otherwire,by the second assumption,there
induction

&
excists a sequence of face

-a)P EL vand we apply 2) repetitively

globalsink
·
m

B) General care : note

Ef . Maclane) rink





Muro-Tonkp 2014
Regular CW-complexes

~moncidal categorieet

polyhecal complexes

"Restobacha-like" polytope
nostalecha

multiplikecha
shong monoidal funcore Operateca

categorified operade
(nonunital , non-synmetric

gimple) permuto-associatecha Associaleda
symretic monoidal categories monoidal colegorie(non unital) (non unital (
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Recasting Mac Lane's pentagon in the language of constructs

a b C

Dictionary : 2 s &
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Operatecha are contextual

Roof" by picture
"

↑

I as
-

Ik

per L

I
the relative position of 2 ps in the pulture of J conepanding
to If is the same as in

Mozover
,
with these positions, we have

II
&Pan3

= (App) =G) is) , concpandingo
the colorence condition












